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2
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�
p
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a + b

2
� maxf a; bg
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Direct inclusions - upper bounds

Thm. 3 (B., D., G.M., '21+) C 2 K n, n even, with
s(C) > n � 1=n,

C \ (� C) �  
n

n + 1
� cv(C [ (� C))

and �
C� � C�

2

� �

� � 
n(n + 2)
(n + 1) 2

C � C
2

where =
�

(1+ n� s)(1+ s)
1� n(n� s)( n+ s(n+1)) � n

�
and � =

�
1 � s(n+1)( n� s)

1� n(n� s)

�
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Direct inclusions - Asymmetry threshold

Thm. 4 (B., D., G.M., '21+) If 
 (n) asymmetry threshold, then

(i) 
 (2) = 1+
p

5
2 ;

(ii) 
 (n) = n, if n is odd;
(iii) if n is even, thenn � 1 < 
 1(n) � 
 (n) � 
 2(n) < n with


 1(n) =
1
2

(n � 1 +
p

(n � 2)n + 5) and


 2(n) = n4+ n3+2 n2+
p

n8+6 n7+17 n6+28 n5+28 n4+12 n3� 4n2� 12n� 4
2(n3+2 n2+3 n+1) .



Generalized golden ratio

1
2(n � 1 +

p
(n � 2)n + 5) is obtained from:

(i) Solution ofx2 + (1 � n)x � 1 = 0,

(ii) Recursively� = a
b = (n� 1)a+ b

a with a > b > 0.
(iii) Asymmetry of the set:
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